Abstract -For a fixed integer k, a k
I. INTRODUCTION AND PRELIMINARIES
In the literature, the first paper related to simultaneous Pell's equations proved the unsolvability in terms of positive integers for the basic equation system in 1904. Simultaneous Pell's equations have been studied by most scholars, for example, Anglin, Baker, Davenport, Cohn, Mohanty, Ramasamy, Pinch, Ponnudurai, Tzanakis, etc.
Anglin [1] presented a method for solving a system of Pell's equations with the parameters absolutely less than 1000. In 1969, Baker and Davenport [2] provided a set {1, 3, 8, 120} of size four. Many authors also applied the Baker-Davenport method to investigate similar problems. Tzanakis [13] suggested a method (elliptic logarithm method) using elliptic curves and linear forms in elliptic logarithms. In [8] , an elliptic logarithm method was partially described by Katayama too.
On the other hand, some authors studied the number of solutions of simultaneous Pell's equations. Kanagasabapathy and Ponnudurai [7] The following is a fundamental result of quadratic residuacity modulo n. This term means the determination of whether integer n is a quadratic residue or a nonresidue modulo n.
represents the Legendre symbol.
Theorem 1.2. ([12]) (The Quadratic Residuacity of 2 Modulo p)
For any odd prime p, 
 
In (4), we can write left side as difference of two squares since 25 is a perfect square
Also 264 can be factorized finitely. Thus, integer solutions of (4) are obtained as follows: 
and from (8) and (9) 154 15
By the same manner of the proof of Theorem 2.1 and factorizing (11) we get
If we solve (13), we obtain Theorem 2.4. There is no set 11 P obtains any multiple of 3. Proof. We assume that m is an element of set 11 P . If t 3 is also an element of set 11 P for Z t  , then 
By using Theorem 1.2. and the Definition 1.2, we get
since 3 is odd prime number. This means that equation (20) is unsolvable, i.e. 2 is non quadratic residue (mod 3). This is a contradiction.
Therefore, t 3 can not be an element of 11 P for Z t  . Theorem 2.5. There is no set 11  P includes any multiple of 7.
Proof. In a similar manner, suppose that r is an element of set 11
is also an element of set 11 (23)  P set of size three that contains three odd numbers as an element by contradiction.
III. CONCLUSION
The problem of extendibility and characterisation of k P sets is a significant problem despite being old. There are many distinct methods to prove that problem.
In this paper, we have introduced a very simple method for assessing the extendibility of k P sets of three size for 11   k or 11  k . We have constructed three new non-extendable 11 P and 11  P sets. We have also proven some properties of such sets using only elementary number theory. The present paper is advancement in this area. 
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